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Claim in introduction:

G(R) ~ {finite set of compact polyhedra Uj}.

Each U; ~ (real vector space V;, cone-in-a-lattice C;)
G®), = 1I; UxV;xC.

Polyhedra U(x, 1) are the U; in the introduction.
Extending Cor to all infl chars gives real vector spaces V.
Given x, A’s are finite union of cones in lattices C;.

To prove Claim, need to show U(x, 1) is nearly independent of A.
To describe unitary dual, need to compute all U(x, 1).
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like?

FPP c b for Sp(4,R) David Vogan

AT Unitary dual Il

070)

fundamental parallelepiped = {y € b, | 0 < y(a*) < 1| (a € M)}
Union of #W/#Z(Gsc) alcoves.

G(R) # alcoves # faces
SL(2,R) 1 3
Sp(4.R) 4 19

split Eg 696729600 2416970476
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669
green line is allowed infl chars y.
1,-1)[2 unitary part is vertices (2 + mg, mp)/2,

edges {(1+t,t) [ te (1+my/2,1+ (my +1)/2)},

some my and my in N

Define Ugpp(x, 1) = {y € FPP | J(x, 4,7) is unitary}.
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The FPP conjecture
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Suppose (x, 4,v) is a real Langlands parameter of David Vogan
infinitesimal character y.
FPP conjecture is distilled from work of Dan Barbasch.
Define S(y) = {a € | y(a") < 1}, a set of simple roots,

q = q(y) = [ + u parabolic with Levi generated by S(y).
1. y belongs to the FPP if and only if ¢ = g. FPP conjecture
2. Conjecture If J(x, 4,v) is unitary, then q is ¢-stable.

3. If qis #-stable, then J(x, 4,y) is good range
cohomologically induced from J(x., 4,,y.) on L.
Here 4y = 2-p(u), yo =y —p(u), y. € FPP(L).

Assuming this conjecture,
U(x, ) U Urpp(X, L) + p(1)

6-stable q
Conclusion: assuming conjecture, unitary dual is known if
we compute (finitely many) Ugpp(x, 1), the FPP infl
characters for unitary reps in the series (x, 4).
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